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Îïåðàöèþ êðóãîâîãî óìíîæåíèÿ A ◦ B äëÿ íàòóðàëüíûõ ÷èñåë âïåðâûå ââåëè Ìà-
òèÿñåâè÷ (1968) è, íåçàâèñèìî, Êíóò (1988). Â ðàáîòå [1] ïðèâîäèòñÿ ôîðìóëà, ðàñøè-

ðÿþùàÿ îïåðàöèþ íà öåëûå ÷èñëà: A ◦ B = AB + [(A + 1)τ ] · [(B + 1)τ ], τ =
√

5−1
2
, [x] -

öåëàÿ ÷àñòü x. Ëèíåéíûå äèîôàíòîâû óðàâíåíèÿ ñ îïåðàöèåé êðóãîâîãî óìíîæåíèÿ ðà-
íåå èçó÷àëèñü â [2,4]; â ðàáîòå [1] èññëåäîâàí àíàëîã óðàâíåíèÿ Ïåëëÿ.
Â ïðåäñòàâëåííîé ðàáîòå ðàññìàòðèâàåòñÿ êâàäðàòè÷íîå äèîôàíòîâî óðàâíåíèå

A 2© +B 2© = C 2© (1)

â öåëûõ ÷èñëàõ A,B,C, ãäå X 2© = X ◦X.
Èç [3] èçâåñòíî, ÷òî èñïîëüçóÿ ôóíêöèþ δ(x) = x− [(x+1)τ ]τ̃ , τ̃ =

1+
√

(5)

2
, óðàâíåíèå (1)

ìîæíî ñâåñòè ê êâàäðàòè÷íîìó óðàâíåíèþ íàä êîëüöîì Z[τ ].
Òåîðåìà. Ëþáîé ïàðå ÷èñåë U, V ∈ Z[τ ] ñîîòâåòñòâóåò áåñêîíå÷íîå êîëè÷åñòâî ðåøå-
íèé A,B,C óðàâíåíèÿ (1) âèäà

δ(A) = (U2 − V 2) · k,

δ(B) = (2UV ) · k,
δ(C) = (U2 + V 2) · k,

ãäå k - ëþáîå ÷èñëî èç Z[τ ], ïðè êîòîðîì δ(A), δ(B), δ(C) ∈ [−1; τ).
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