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B jokitajie pacckasbiBaeTcss O COOCTBEHHOM JIOKA3aTe/IbCTBE YK€ U3BECTHOTO (hakTa, 4TO
cBépTKa 110 MOY/ai0 N J1i000# 1e/I0UnCc/IeHHON cirydaiiHoil BeJIMIUHbl U JIMCKPETHOH paBHO-
MepHO#l, MpuHuMaromeid 3Hadenus 1, . . . , N — 1, umeer paBHOMEpHOEe paclipejeieHue , U
Pa3BUBAETCS 3TO YTBEPKICHUE JIJI CBEPTKU HE3aBUCUMBIX ITPOU3BOJILHOM U abCOTIOTHO HEIpe-
PBIBHO# paBHOMEPHO# cirydaitabix BesmanH. OTIe/bHO PACCMaTPUBALTCS 38/1a19a O CXOIMMOCTH
JPOOHOI YacT CyMMBbI HE3aBUCHMBIX CJIyYalHBIX BEJUYUH ¢ OCOOBIM BUIOM TLTOTHOCTH Ha |0,
1| k paBHOMepHOMY pactpesesenuto Ha |0, 1].

The report describes my own proof of the already known fact that the convolution modulo
N of any integer random variable and discrete uniform, taking the values 1, .. ., N — 1, has
a uniform distribution, and this statement is developed for the convolution of independent
arbitrary and absolutely continuous uniform random variables. The problem of convergence of
the fractional part of the sum of independent random variables with a special type of density
on |0, 1] to a uniform distribution on |0, 1] is considered separately.
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Ha XIV wmexmaynaposgnoit kondepenrun «PyHiaMeHTaIbHbIE W MPUKJIATHBIE ITPOOJIEMbI
MaTeMaTUKN U MHPOPMATUKN», npuypodeHHoil K 90-1eTuio /larecraHCKOTO TocyIapCTBEHHO-
r0 YHUBEpPCHUTeTa, ObLIO paccKazaHo 00 MHMOPMAIMOHHOM CBOWCTBE CBEPTKH C PABHOMEDPHBIM
pacrpejeserueM [1-2]:

Teopema 1.

[Tycrb nesounciennast ciayvaiinas Besmanna { u pasaomepnas Ha {0, 1,..., N — 1} cayuaii-
Has BeJMYWHA 1) He3aBUCUMBI. Torja octaTok oT jgesenns Ha N cBepTKHU & + 7) MMeeT MaKCH-
MAaJIbHYIO SHTPOIMIO CPEJIUM BCeX CJIydaiiHbIX BesmduH, pacupesenenubix Ha {0,1,..., N — 1}.;

Teopema 2.

[Tycrb coryuaitnas Bequmanna § 1 paBHOMepHas Ha oTpeske |0;1] ciyqaiinas Bemmanna 7.6 417
NMeeT MAaKCHUMAJIbHYIO SHTPOIUIO CPEIN BCeX abCOIFOTHO HENMPEPBIBHBIX CIyJYallHbIX BEJINYNH,
pacrpejiesieHHbIxX Ha orpeske [0; 1].

Ha III Beepoccwuiickoit kordepeHinn «AKTyaabHbIE TPOOIEMbl MATEMATUKH U HHMOpMa-
IIMOHHBIX TEXHOJIOTHUI» OBLIO IIPeJJIoYKeHO 000011eHe 1 yHUUKAINS TOHATUNH OCTaTKa OT Jie-
JIEHUS U JIDOOHON YaCTH M PacCKa3aHO O COXPaHEHUU WHMOPMAIMOHHOIO CBONCTBA CBEPTKU B
HEKAHOHMYECKUX CIIydasx [3-4].

Biaromaps neHTpaJibHON TIpeIeIbHOM TeopeMe XOPOIIIO U3BECTHO, YTO CYyMMa HE3aBUCHUMBbIX
OMHaKOBO pacCIIpeae/JIC HHbIX Cﬂy‘{aﬁHbIX BeJIMYUH IIPpU COOTBeTCTByIOH_LeIU/I HOPMUPOBKE CXOIUT-
C4 110 PACIIPEICJICHUIO K CTAH/IaPTHON HOPMAaJIbHON CiIydYallHON BeJInYnHe (OILH&KO CBEPTKa HOP-
MaJIbHOI CJIy9aiiHO# BeJIMYMHBI ¢ MPOU3BOJIBHOMN, BOOOIIE TOBODsI, He SIBJISIETCS] HOPMAJIBHOM ).
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Bosnukaer ecrecTBEHHBII BOIIPOC O CXOIUMOCTHU JIPOOHO YACTH CBEPTKU OJUHAKOBO Pacipejie-
JIEHHBIX CJIyYallHBbIX BEJIMYMH K PaBHOMEpPHOMY pacupejesenuio. [loka moyryden oTBeT B ciiery-
IOIINX YaCTHBIX CAydasdx.

YrBepxkenue 1.

[Iycts &1, &9, ... &y, ... CYTh HE3ABUCUMBIE OJIMHAKOBO pacipeie/IieHHbIe OEPHYIEBCKUE BEJIN-
U HBI.

Torma {& + & + ... + &y }o cxomuTes pu n — 00 K PABHOMEPHOMY DACIIPEJIETICHUIO.

YTBepxKjieHue 2.
[Iycrs &1,&, ... &y, . .. CYTh HE3aBUCUMBIE OJUHAKOBO PACIIPEICIEHHBIE BEIUINHBI IMEIOIINEe
CJIEJIYIONee PACIIpe/ie/IeHIe:
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Torma {& + & + ... + &, }o cTpemurcs K paBHOMepHOMY pactpesenennto Ha {0, 1,2} npu
n — 00. A Takxke ObLIM JIOKa3aHbl BCE OCTAJIbHBIE CAydYad C JIPYTHM IOJOXKEHHEeM OJIHOIO
napamerpa.

YTBepxKaenue 3.
[Iycts &1, &9, ... &,, ... CYTh HE3ABUCUMBIE CJIydailHble BEJIMIUHBI C ILJIOTHOCTHIO:

p(:rf)Z{O v ¢ (0.1)

Torma {&; + & + -+ -+ &, } cxomurest K paBHOMepHOMY pactpeesennto Ha [0,1] mpu n — oo.
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